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Let S = (s; < s < ...) be a strictly increasing sequence of positive integers and denote e(3) = e*#. We say S is

good if for every real o the sequence (% an N e(sna)) of complex numbers is convergent. Equivalently, the sequence

NeN

S is good if for every real a the sequence (% Y., n 0s.a) of atomic measures on the torus is convergent in

the weak topology of Borel probability measures on the torﬁgﬁ%beb]\z;re interested in finding out what the limit measure
Hso = limy % Y nen s.a can be. In this first paper on the subject, we investigate the case of a single irrational o. We
show that if S is a good set then for every irrational o the limit measure jg, must be a continuous Borel probability
measure. Using random methods, we show that the limit measure pg, can be any measure which is absolutely continuous

with respect to the Haar-Lebesgue probability measure on the torus. (Received January 21, 2022)



