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An old and fundamental open question in combinatorial number theory asks whether, for an arbitrary finite partition

N = (i U---UC, of the natural numbers, there exist z,y € N whose sum x + y and product xy both belong to the same

C;. In a recent joint work with Vitaly Bergelson we answer an analogue of this question in infinite fields, using ergodic

theory methods pioneered by Furstenberg. (Received January 19, 2015)



